Abstract. Assuming the consistency of the existence of a measurable cardinal, it is consistent to have two Banach spaces, X, Y , where X is a weak Asplund space such that X * (in the weak* topology) in not in Stegall's class, whereas Y * is in Stegall's class but is not weak* fragmentable.
Measurable cardinals are discussed in detail in [8] . They are commonly used in set-theoretic arguments, although their consistency strength is known to be stronger than just ZFC; that is, their relative consistency (i.e., the implication Con(ZFC) ⇒ Con(ZFC + there is a measurable cardinal)) cannot be proved in ZFC, and there is no procedure for constructing a model of "ZFC + there is a measurable cardinal" from a model of ZFC. For a detailed explanation see [8] .
We do not know if the measurable cardinal can be removed from the hypothesis of the Theorem, although it is needed for some of the lemmas. For example, the situation obtained in Lemma 6 implies the existence of an inner model with a measurable cardinal.
To prove the Theorem, we formulate the following set of axioms: We first prove (Lemma 2) the consistency of A, and then construct X and Y using A. In proving Lemma 2, we use forcing to obtain (i) and (ii), but first we observe that (iii) cannot be forced to be false if it is true in the ground model. Proof. First, define a ρ-model to be a transitive M containing all the ordinals such that M satisfies ZFC plus the statement ρ is measurable and the universe (i.e., M ) equals L [u] , where u is a normal ultrafilter on ρ. By [10] , this M is unique (if it exists), so call it M ρ . Furthermore, by [14] , M ρ |= GCH, and, by [10] , in M ρ , the normal ultrafilter u is unique. Now, u is a subset of the power set P(ρ), but u can be uniquely coded by a set of ordinals. Let Φ(ρ, δ, W ) assert that Ψ(ρ) holds, δ = (ρ + ) Mρ , and W ⊂ δ is the first subset of δ which codes the normal ultrafilter. So, Ψ(ρ) ⇒ ∃! δ, W Φ(ρ, δ, W ). Here, "first" is in the canonical order of construction from u, and "codes" can be via any standard method; for example, u is the collection of all sets of the form {ξ < ρ :
Now, if 1 does not force ¬Ψ(ρ), we may fix a p ∈ P , an ordinal δ, and a nameẆ such that p Φ(ρ, δ,Ẇ ). Replacing P with {q : q ≤ p}, we can in fact assume that 1 Φ(ρ, δ,Ẇ ). Now, let Q = P 1 × P 2 , where P 1 , P 2 are isomorphic copies of P , and letẆ i be the P i -name corresponding to the P -nameẆ , so that
, and hence, by uniqueness 1 QẆ1 =Ẇ 2 . But then, since the names are disjointly supported, there is a W ⊆ δ in the ground model such that 1 QẆ1 =Ẇ 2 = W , so that Ψ(ρ) holds in the ground model.
Lemma 2. If "ZFC + there exists a measurable cardinal" is consistent, then "ZFC + A" is consistent.
Proof. By [14] , we may assume that the ground model V satisfies V = L [u] where u is a normal ultrafilter on a measurable cardinal κ. Then, by [9, Theorem 9.4] we have ¬Ψ(ω 1 ) in V .
Now consider the iterated generic extension
, where G 1 is the Levy collapse with countable conditions, making κ = ω 2 , and then G 2 is the ccc extension which makes Martin's Axiom and 2 ℵ0 = ℵ 3 hold (see [15] or [11] ). Since both these extensions preserve ω 1 , the validity of (iii) [4] . Now we give a series of lemmas which prove the Theorem from A.
Lemma 3 (Under A
Proof. Suppose E is not meager. Then we can suppose without loss of generality that X = E. Now, by the Lemma in the proof of Theorem 3.3 in [2] , card E = ℵ 1 is a measurable cardinal in some submodel, contradicting (iii).
The following lemma is a special case of [5, Proposition 2.4].
Lemma 4. Let X be a Baire space of weight at most κ (where κ is an uncountable cardinal). Let E be a disjoint family of meager sets such that E is F σ in X for all E ⊆ E, and such that E is meager in X for all E ⊆ E with card E < κ. Then E is meager in X.
Proof. Suppose that E is not meager. Since E is F σ , its interior G = int E is nonempty. Let {U α : α < κ} be an open base for G. Choose by transfinite induction sets E ξ , F ξ ∈ E for ξ < κ such that
This is possible because each {E η ∪ F η : η < ξ} is meager. Let H 1 = {E ξ ∩ G : ξ < κ} and H 2 = G \ H 1 . Then both H 1 and H 2 are dense F σ in G, so both are meager; hence G is meager, a contradiction.
By Lemmas 3 and 4 we get:

Lemma 5 (Under A). Let X be a Baire space of weight at most ℵ 2 and E be a disjoint family of meager sets such that E is F σ for any E ⊆ E. Then E is meager in X.
We continue by the following consequence of [2] .
Lemma 6 (Under A).
There is a Baire metric space X of weight ℵ 3 and a decomposition E of X into meager sets such that E has the Baire property in X for any E ⊂ E and card E = ℵ 2 .
Proof. In [2, Theorem 3.2] there is constructed, under (ii), such a decomposition of a Baire metric space of weight 2 ℵ2 , which is ℵ 3 by (i) (see [13] ).
Now we are almost ready to prove the Theorem. It remains to recall the definition of Stegall spaces with respect to a class of Baire spaces, the construction from [6] and a lemma from [7] .
Let C be a class of Baire spaces closed under taking open subsets and dense Baire subspaces. We say that a topological space T is Stegall with respect to C if for any (2) ⇒ (1) is proved in [9] , and (1) ⇒ (2) is proved in [7] . Now the Theorem is an immediate consequence of Lemma 2 and the following lemma.
Lemma 8 (Under A). Let
Proof. (a) is proved in [6, Proposition 3] and requires no special axioms of set theory.
(b)⇐: It is enough to show that A satisfies condition (2) of Lemma 7 with respect to the class of all Baire spaces. Let B be a Baire space and f : B → A continuous. The family {f −1 (a) : a ∈ A} is a partition of B. Moreover, the union of each subfamily is F σ , since each subset of A is relatively F σ by Martin's Axiom (see [12, p.162] ). Hence, by Lemma 3, some f −1 (a) is non-meager and therefore has a nonempty interior.
(b)⇒: Let card A ≥ ℵ 2 . Let X be the metric space with partition E from Lemma 6. Let φ : E → A be a one-to-one mapping. Definef : X → A by the formulã f (x) = a if a = φ(E) such that x ∈ E. Thenf , considered as a function to R, has the Baire property and so there is (by [12] ) a residual B ⊂ X such that f =f B is continuous. Hence A does not satisfy condition (2) 
